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Abstract — Conditional feedback control systems reduce the
sensitivity to changes in the parameters of the control plant in
terms of control transient performance. They are known as
passive adaptation systems. The main difference with other
control systems with an internal model control systems is the
presence of a forming element in their structural
implementation. The application of conditional feedback
control for the control of thermal process leads to energy savings
as the parameters of the PID (proportional integral derivative)
controller algorithm are tuned for "worst case scenario" control
plant.
Keywords — Conditional Feedback, Forming Element,
Robust and Transient Performance, Insensitivity

I. INTRODUCTION
Often thermal processes in indoor air quality control
systems as well as in industrial process control systems are
described by second-order transfer functions (TF). The
systems for their control are subject to a number of
requirements related to the performance of the ongoing
processes and energy savings. The availability of ‘a priori’
information about eventual change in the parameters of the
control plant makes the design of a controller with conditional
feedback possible.
The article presents a method for synthesis of a secondorder control system, which uses conditional feedback and a
PID controller. The control of thermal plants with PID
controller is associated with energy saving [1], and the
combination with the method of conditional feedback results
in great control performance when taking into an account the
uncertainty in the parameters of the control plant [2-6].
II. CONDITIONAL FEEDBACK CONTROLLER DESIGN
A. Block diagram of a control system with conditional
feedback
The control systems with conditional feedback are
assigned to the class of control systems, in the structure of
which an internal model of the control plant is included, fig.1.

u* - output signal of controller with conditional feedback;
u ′ - output signal of forming element;
u - output signal of nominal controller;

y ′ - output signal of the nominal control system;

y - output signal of the conditional feedback control
system;

ε ′ - error, difference between the output signal of the
conditional feedback control system and the output of the
nominal control system;
ε - error;

Wo* ( s ) - TF of nominal control plant;
Wo ( s ) - TF of "worst case scenario" control plant;
WR ( s ) - TF of nominal controller;

r - set point;
FE – forming element.
A change in the control signal u is achieved that reduces
the impact of the change in the parameters of the plant on the
performance of the control process.
In the system with conditional feedback, Fig. 1, the
difference between the output of the system y and the model
of the plant y ′ is fed to the input of the control plant, aiming
to reduce the influence of change in the control plant’s
parameters and is performed by the so-called forming
element FE, Fig.1.
B. Structural synthesis of a conditional feedback controller
A necessary condition is availability of ‘a priori’
information about the range of variation of the control plant’s

parameters. The transfer function of the control plant Wo ( s )

represents the "worst case scenario" transfer function fig.1.
Conditional feedback results in a correction signal u ′ on
the control signal u when there is a difference ε ′ between
the output of the system with a nominal plant y ′ and the
output of the system y with the actual control plant.
Fig.1 Block diagram of a control system with conditional feedback

The following notations are used:
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The block diagram on Fig.1 is converted into a block
diagram that is shown in Fig. 2.

Fig.2. Equivalent block diagram of a system with conditional feedback

In the shown block diagram, the control part of the system
with conditional feedback is indicated with a dotted line.
The transfer function of the controller with conditional
feedback is described with the following equation (1):
WRF ( s ) = WR ( s )

Wo* ( s ) + F −1 ( s )

Wo ( s ) + F −1 ( s )

.

(1)

In order for the conditional feedback to be effective in
correcting the uncertainties of the plant through the signal u*
of great importance is the variation of the control plant’s
parameters and the configuration of the FE noted as F ( s ) in
the transfer function on Fig.2.
C. Tuning of the forming element
There is no unambiguous solution in the literature for
choosing the forming element.
In [7] the following type of modeling transfer function of
the forming element is proposed (2):
F (s) = −

WR ( s ) − WR ( s )

1 + WR ( s ) Wo* ( s )

.

(2)

In (1) a fictitious transfer function WR ( s ) is used, which
is a model of a controller set for the „worst case scenario“ of
combination of the parameters of the control plant.


It is of interest to consider the case where a coefficient
much larger than 1 is chosen for the transfer function of the
s ) k , k → ∞ ).
forming element. ( F (=
In that case for the transfer function of the controller (1)
with conditional feedback is obtained (3):
WRF ( s ) ≈ WR ( s )

Wo* ( s )

Wo ( s )

(3)

Expression (3) shows that in addition to the properties of
the control plant, for the successful application of the
conditional feedback method of great importance is also the
range in which the parameters of the plant change [1-7].
It turns out that for plant described with second-order
transfer function this restriction is not valid because (3) is
converted into a PID controller tuned for ‘a priori’ known
„worst case scenario“ control plant.
D. Design procedure of a controller with conditional
feedback for control plant with second order transfer
function
The design procedure of the controller with conditional
feedback requires the implementation of four steps,
graphically represented by the algorithm of Fig.3.

Fig.3 Algorithm

Step 1. A priori information about the plant model is
required. Two transfer functions (4) and (5) are defined,
which describe the dynamic behavior of the plant and take
into an account the uncertainty in its parameters:
Wo* ( s ) =

(

k*

)(

)

T1*s + 1 T2*s + 1
k

Wo ( s ) =

(T1s + 1)(T2s + 1)

(4)
(5)

In this step the criterion of the control performance is also
defined.
Since (4) and (5) usually describe thermal plants, as
control variable is considered temperature. It is known that
the aperiodic nature of the transient response of systems with
control variable temperature is associated with energy
savings. The local criteria is overshooting σ ≈ 0% and
settling time ts  const , s
Step 2. The next step is tuning the parameters of the
nominal controller for the presented in step 1 criteria. The
transfer function of the nominal controller has the form (6),
as the PID controller provides quasi-optimal control in terms
of energy criteria [1].

WR ( s ) = kt

(T

)

)(T

1R s + 1

2R s + 1

kR s
The required controller settings are (7):

T1R = T1* , T2 R = T2* , k R = k *

(6)

(7)

The coefficient is an adjustable parameter that provides
the necessary time-response of the control system.

s) k, k → ∞ .
Step 3. It is chosen F (=
Step 4. For the transfer function of the controller with
conditional feedback is obtained (8):

WRF ( s ) = kt

(T

)(T


1 s +1

).


2 s +1



k s

(8)

The expression (8) shows that the controller with
conditional feedback will guarantee robustness of the system,
as it provides a complete match of the real transient response

process of the controlled variable, Fig. 2 with the nominal
case (the system designed in step 2).
III. NUMERICAL EXAMPLE
The following thermal plant is considered, represented by
a nominal control model (9) and a control model at „worst
case scenario“ (10).

Wo* ( s ) =
Wo ( s ) =

1
( s + 1)( 2s + 1)
2

( 2s + 1)( 3s + 1)

Fig. 5 and Fig. 6 show simulation studies that present the
behavior of the control systems in conditions close to the reallife application. A control signal limitation in the range [0,
10] V is also included.

(9)
(10)

The control system should satisfy the following criteria:
overshooting σ ≈ 0% and settling time ts  10, s .
According to the design procedure described in II for the
nominal PID controller and the given criteria, the following
equation is obtained (11):

WR ( s ) = 0.4

( s + 1)( 2s + 1)
s

Fig.5 Transient responses of the control systems

(11)

The coefficient kt is set by the root locus method, Fig.4.
The distance to the imaginary axis is related to the timeresponse of the system through the equation (12):

ts  4T 

4
4

= 10 s
p 0.4

(12)

It is chosen kt = 0.4 , Fig .4.
Fig.6 Control effort of control systems

The studies presented on Fig.5 and Fig.6 show a complete
match between the responses of the nominal control system
and the conditional feedback control systems.
The obtained result corresponds to insensitivity of the
controlled variable to changes in the control plant’s
parameters. In regard with the control signal, it can be seen
that the control with conditional feedback requires less
energy, Fig.7.
Fig.4 Root Locus method for tuning kt = 0.4

When the parameters of the control plant change, the
quality criterion is not satisfied.
The transient response of the closed system will be
characterized by overshooting, as the dominant roots are
complexly conjugated, for the same kt = 0.4 , Fig.4.
The next step is to fix the forming element F ( s ) = 10000
According to the procedure for the controller with
conditional feedback is derived (13):

WRF ( s ) = 0.4

( 2s + 1)( 3s + 1)
2s

(13)

Fig.7 Energy consumption

In relative units, the energy consumption during the
transition period for the nominal, „worst case scenario“ and
the conditional feedback systems respectively are (14):
ENOM = 49.5 , Eworst case = 26.87 , ECF = 26.24

(14)

The following facts could be stated: In conditional
feedback control, energy savings are greatest.
When implementing a nominal PID controller and „worst
case scenario“ of the plant, an increased energy consumption
is achieved, as the transient process is characterized by
overshooting, Fig.5.
IV. ROBUST ANALYSIS
On Fig.8 and Fig.9 the modus of the sensitivity functions
and the complementary sensitivity functions for the nominal
control system, for the „worst case scenario“ control system
and for the conditional feedback control system are shown.
It can be seen that the introduction of a forming element
reduces the functions of sensitivity and complementary
sensitivity.

S (s) =

1

1 + WRF

T (s) =

(15)

( s )Wo* ( s )

WRF ( s )Wo* ( s )

(16)

1 + WRF ( s )Wo* ( s )

Equation (17) is known, which is the basis of the
mathematical formulation of the robust performance
requirement (18).

S +T =
1

(17)

rS + wM T ≤ 1
where wM =

Wo ( s ) − Wo* ( s )
Wo* ( s )

(18)
и r (s) =

1
.
s

Condition (18) is the sum of two components - the
nominal performance condition (19) and the robust stability
condition (20)

rS ≤ 1

(19)

wM T ≤ 1

(20)

On Fig.10 it is shown a graphical representation of the
conditions for nominal performance, robust stability and
robust performance.

Fig.8 Bode plot of sensitivity of control systems

Fig.10 Nominal performance, robust stability and robust performance
for conditional feedback control system

Fig.9 Bode plot of complementary sensitivity of control systems

The lack of a peak of the sensitivity and complementary
sensitivity functions in the nominal system and in the
conditional feedback system indicates a lack of over-shooting
in the time domain (Fig.5).
The sensitivity function (15) is fundamental for the robust
methods, namely zero error, in order to give priority to the
complementary sensitivity function (16) in terms of tracking
the set point for the system.

It could be seen that the condition for robust stability is
fulfilled, which means that when the parameters of the control
plant change, the closed system will always remain stable
(fig.5). In regard with the robust performance, the stringency
of the condition (18) is not satisfied, but in general the system
with conditional feedback has robust properties, i.e. it retains
the nominal performance of the controlled variable (Fig.5).
V. CONCLUSION
The presented control with conditional feedback allows to
control thermal process, both in terms of robustness and in
terms of energy efficiency.
However, the proposed control has limitations, as there is
danger when there are great inaccuracies in the plant’s model
and a requirement for great time response control signal to

calculated such that could result in nonlinearities. In that case,
including control limitation could lead to saturation.
In such cases, in case of significant uncertainty, it is
necessary to apply another method to ensure robust
properties, but in terms of energy efficiency there is no
guarantee.

[3]
[4]
[5]

ACKNOWLEDGMENT
The author/s would like to thank the Research and
Development Sector at the Technical University of Sofia for
the financial support.
REFERENCES
[1]
[2]

Naplatarov, K., Energy efficient process control, Technical University
of Sofia, 1999, (in bulgarian).
Nikolova N., D. Stoitseva, Robust Control of a Drying-furnace for
Ceramic Products, IV-th International Conference “Challenges in
Higher Education and Research in the 21st Century”, Sozopol,
Bulgaria, 2006, p. 302-305, ISBN-10:954-580-206-5, ISBN-13:978954-580-206-5

[6]

[7]

Naplatarov K.N., Stoitseva D.R., Energy-saving Control of Electric
Boiler, Proceeding of Technical University of Sofia, vol 54, book 1,
2004, p. 97-104, ISSN 0374-342X.
Mostafavi S., M.R. Gharib, A. Badri Ramezani, K. Rahmdel, Modeling
and Robust Controller Design for an Industrial Boiler, Energy
Procedia, Volume 14, 2012, Pages 1471-1477, ISSN 1876-6102.
Sunil, P.U., Jayesh Barve, P.S.V. Nataraj, A robust heat recovery steam
generator drum level control for wide range operation flexibility
considering renewable energy integration, Energy, Volume 163, 2018,
Pages 873-893, ISSN 0360-5442.
Yacine Daili, Jean-Paul Gaubert, Lazhar Rahmani, Abdelghani Harrag,
Quantitative Feedback Theory design of robust MPPT controller for
Small Wind Energy Conversion Systems: Design, analysis and
experimental study, Sustainable Energy Technologies and
Assessments, Volume 35, 2019, Pages 308-320, ISSN 2213-1388.
Karlova-Sergieva, V., Control Systems with Conditional Feedback,
Proceeding of Technical University of Sofia, vol 66, book 2, p. 181187, ISSN 0374-342X, International Conference “Automatics” 03.06 –
05.06, Sozopol, 2016.

